Here, we introduce the convexity structure and the property (11). Let F be a nonempty family of subsets of a metric spaces (M,d). We say that F defines a convexity structure on M if and only if F is stable by intersection and contains the closed balls.
Introduction and preliminaries
The concept of asymptotic regularity is due to Browder and Petryshyn 
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It is known that if T is a nonexpansive map defined on nonempty closed convex and bounded subset of a Banach space, then T\ = A • Id + (1 -A) • T is asymptotically regular for all 0 < A < 1 [5, Th. 2.1], and when T is nonexpansive, so is T\ and both have the same fixed point set.
In 1969, Kijima and Takahashi [9] give a metric formulation of Kirk's theorem (see [1] , [10] ). Many results on the fixed point property in metric spaces were developed after Penot's formulation [11] . The compactness of the convexity structure which appears in this formulation expresses in the weak compactness, or more precisely, the refiexivity in the case of Banach spaces. In [8], Khamsi proved that a complete metric space with uniformly normal structure has a kind of itersection property, which is equivalent to the refiexivity in Banach spaces.
We say that F has the property (71) if and only if for any decreasing sequence (C n ) of closed bounded nonempty subset of M, with C n G F, has a nonempty intersection. EXAMPLE 1. (i) Let C be a closed bounded convex subset of a Banach space E. Consider the family F of closed convex subset of C. Then F defines a convexity structure on C, and F has the property (1Z) if and only if C is weakly compact.
(ii) An admissible subset of M (e.g. 
We say that M has uniformly normal structure if there exists a convexity structure F on M such that
for any nonempty C G F, which is bounded and irreduced to a single point. We will also say that F is uniformly normal. Now we are able to define the constant of the uniformity of normal structure N(F) for a convexity structure F of a metric space M as
We note that a convexity structure on M is uniformly normal if N(F) < 1.
EXAMPLE 2 ([8]).
(i) Let M be a bounded metric space, and (M a ) ae r be a family of nonempty subset of M. Assume that each A(M a ) has uniformly normal structure and c = sup{c a : a G T} G (0,1), where c a is a constant which appears in the definition of uniformly normal structure. Consider the metric M a -f] M a provided with the sup distance. Then A(M a ) has uniformly normal structure.
(ii) Let M be a complete bounded metric space. Let F be a convexity structure on M which has uniformly normal structure. Then F has the property (1Z). u 
is the Lipschitz constant of T\
We say that a convexity structure on a metric space M is of finite type if for any C C M, x 6 conv(C) and any e > 0, there is a finite set of elements X\,X2,.. .,x n & C and y G conv{xi,.. . ,£"} such that d(x,y) < e. EXAMPLE 3. A convexity structure consisting of all (closed) convex subsets of a normed space is of finite type.
• In this section, we prove a fixed point theorem for asymptotically regular mapping T under the condition that T has a bounded orbit, i.e. exists x £ M such that the orbit {T n x} of x is a bounded subset of M.
The following Lemma, due to Bae and Park [3] , is a crucial tool to prove our Theorem.
LEMMA 1 ([3]).
Let M be a complete metric space with a convexity structure F which is uniformly normal and of finite type. Then for every bounded sequence {x n }, there exists a point z in conv{x n } such that: 
and T has a bounded orbit at a point y E M. Then T has a fixed point in M.
Proof.
Step I. Let {n,} be a sequence of integers such that Inn ||r n || = .lim ||T n '|| = k < [N(F)]" 1 / 2 .
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Suppose that {T ni x} is bounded for some x £ M and let z(x) = z be the point satisfying Lemma 1 for {T ni x}. Set r(x) = lim,--»,*, d(x,T n 'x). By (i) of Lemma 1, we have
< ||r n< || • En d(z,T n >x).
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By (**) and (*) we conclude that
Step II. Define a sequence {x m } in the following way: x\ = y and x m +i -z(x m ). Notice that {x TO } is a Cauchy sequence. In fact, we have
and passing to the limit superior as i -> 00, we obtain
Since a < 1 the latter gives the required property.
Let xo -liniyn-KX) x m . Then we have It is easy to verify that the hyperconvexity of M implies its completeness. Let the convexity structure on M will be the class A(M) of all admissible subsets of M. It is known that the constant of the uniformity of normal structure N(^4(M)) of a hyperconvex space M is j.
As the following example shows, the convexity structure A(M) of a hyperconvex space M need not be of finite type. Therefore, the finite type assumption in Theorem 1 caji not be removed. 
